In our articles of recent years, the technique of gluing two subharmonic functions turned out to be very useful in studying the distribution of the roots or masses of holomorphic or subharmonic functions, respectively. Here we develop and improve this technique. Its applications will be given in our further works.
Introduction
As usual, N := {1, 2, . . . }, R and C are the sets of all natural, real and complex numbers, respectively; N 0 := {0} ∪ N is French natural series, and Z := N 0 ∪ N 0 .
For d ∈ N we denote by R d the d-dimensional real Euclidean space with the standard Euclidean norm |x| := x 2 1 + · · · + x 2 d for x = (x 1 , . . . , x d ) ∈ R d and the distance function dist(·, ·).
For a subset S ⊂ R d , we denote by har(S) and sbh(S) the classes of all harmonic (affine for m = 1) and subharmonic (locally convex for m = 1) functions on an open set O ⊃ S, respectively. The basis of our note is Important applications of Theorem A can be found in our articles [10] , [11] , [13] .
Basic definitions, notations and conventions
The reader can skip this Section 2 and return to it only if necessary.
Sets, order, topology.
For the real line R with Euclidean norm-module | · |,
is extended real line in the end topology with two ends ±∞, with the order relation ≤ on R complemented by the inequalities −∞ ≤ x ≤ +∞ for x ∈ R ±∞ , with the positive real axis
The same symbol 0 is used, depending on the context, to denote the number zero, the origin, zero vector, zero function, zero measure, etc. Given x ∈ R d and r Given a subset S of R d ∞ , the closure clos S, the interior int S and the boundary ∂S will always be taken relative
Functions.
Let X, Y are sets. We denote by Y X the set of all functions f : X → Y . The value f (x) ∈ Y of an arbitrary function f ∈ X Y is not necessarily defined for all x ∈ X. The restriction of a function f to S ⊂ X is denoted by f S . We set
A function f ∈ R X ±∞ is said to be extended numerical. For extended numerical functions f , we set
together with the Kelvin transform [8, Ch. 2, 6; Ch. 9] 
Then the function
Proof. It is enough to apply Gluing Theorem A twice: 
If we choose the function
Proof. The function v 0 from definition (3.6) is subharmonic on O 0 since this function v 0 has a form const + g + const with const + ∈ R + , const ∈ R. In addition, by construction (3.6), for each x ∈ O 0 ∩ ∂O, we obtain 
Thus, we have (3.1 1 ), and our Gluing Theorem 2 follows from Gluing Theorem 1.
Remark 1. Theorems of this section can be easily transferred to the cone of plurisubharmonic functions [9, Corollary 2.9.15]. We sought to formulate our theorems and their proofs with the possibility of their fast transport to the plurisubharmonic functions and to abstract potential theories with more general constructions based on the theories of harmonic spaces and sheaves in the spirit of books [4] , [3] , [5] , [2] , [1] , etc.
Gluing with the Green Function
Definition 1 ([14] , [7] , [12] ). For q ∈ R, we set
where the set (−∞) u is minus-infinity G δ -set for the function u, ∈ D described by the following properties: 
